
c S • N lln (S/X) + [r + (cr2 /2)] T( 
cr{T J 

-rT • N [ ln 
-e X 

(S/X) + [r - (cr2 /2)] T ? 
cr ['1' ) 

Notation: 

c 
s 
X 
r 
cr2 
T 
N { • } 

call option price 
current stock price 
exercise price 
default-free interest rate 
instantaneous variance of return on the stock 
time to expiration 
cumulative normal distribution function 

7 

(2) 

However, it may be more realistic to suppose that the exer_cise price is 

not known with certainty beforehand. In such a case it would be possible to 

make an initial estimate of it, with st·ochastic changes anticipated. In the 

case where the exercise price also follows a diffusion process, a solution ex-

ists as presented by Stanley Fischer [18]. Where new information impacting on 

the initial estimate of exercise price is assumed to come in random, continu-

ous small jolts, the process generating the time path for it could be des-

cribed by the following equation: 

(3) 

where X is the exercise price, ax is a drift term, crx is the instantaneous 

standard deviation, and dzx is a Weiner process. 

In the R&D case, it would be valid to assume that no drift would be 

expected, so that ax would be zero. Modifying Fischer's equation accordingly, 

the market equilibrium value would be, 
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)ln(S/X) + 
"'2 

/2)]T) c S • N [rh + (o 

1. "' ·~ 
a{T ) 

( ln( S/X) 
"'2 

/2)]T t -xe-rt • N + [rh - (o (4) ). ' h ( [T j a 

2 2 "'2 
where a o8 - ox - 2asaxPsx• The parameter a is the instantaneous propor-

tiona! variance of change in the ratio (S/X). The parameter rh is the rate of 

return on the (possibly imaginary) security used to hedge away the risk from 

the fluctuating exercise price. The expected return on this hypothetical se-

curity would be given by: 

rh = r + b (5) 

where r is the risk-free rate and b is the appropriate risk premium. Applying 

the Capital Asset Pricing Model to establish the appropriate value for b re-

sults in the following: 

( 6) 

where t~e subscript m denotes the market as a whole. Thus, when Pmx = 0, b 

is also zero. In most cases of R&D, the correlation between random shocks to 

the stock market and random shocks to the exercise price would be nonexistent. 

That is, the risk associated with the exercise price in the R&D case is in all 

likelihood based on technological uncertainties which are completely unsys-

tematic and therefore diversifiable.8 Thus, rh would be , in this case, the 

risk-free rate. 

It may be that in the real world, opportunities do not exist to form the 

hedges assumed in the derivation of the option pricing models; nevertheless, 

the models are valuable and applicable. 

f 
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Surely the basic justification for the existence of a business organiza-

tion is that it can exploit imperfections in the markets for goods and 

services which the individual investor cannot do alone. Unless the managers 

can find investments which offer a return to risk ratio at least as favorable 

as that available to the capital market investor, the organization cannot pay 

the freight and will not long exist. Security valuation models can therefore 

be used as a benchmark for evaluating the corporation's investments, in that 

they show the appropriate reward for a given kind and level of risk. 

The wide availability of software for the Black-Scholes OPM (even for 

hand-held calculators) makes its adaptation for estimating the benefits from 

R&D projects very attractive. It is a model with a proven track record, which 

is reassuring to decision-makers. To set up for its use, the analyst needs 

estimates of only seven inputs: 

s = an initial estimate of the present value of cash flows from 
the product or process to be developed 

X = an initial estimate of the cost of undertaking production 

r = the risk-free interest rate 

as = the instantaneous standard deviation around the trend line for S 

ax = the standard deviation around the trend line for X 

Psx = the correlation between random shocks to S and X 

T = time to expiration of the research effort 

These estimates could be made subjectively for each project, or objectively on 

the basis of historical data for similar projects previously undertaken. The 

making of these estimates, especially that for S, interfaces the model with 

the expertise of the R&D planning staff. The inability of existing mathemati-

cal models to do this adequately has been an area of past criticism.9 
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Not only is equation (4) useful for estimating the value of initiating 

research, it can also give insight into the decision about the length of time 

for which the research should be funded. One of the results from option pric-

ing theory is that the value of the option increases the longer the time to 

expiration.10 Intuitively, this can be explained because the longer the time 

the process has in which to operate, the greater the potential spread between 

exercise price and the value of the underlying security. ~~nagers could use 

the model to see the results of various decisions about T, and could choose 

accordingly. 

An Implication of the Diffusion Model 

One remarkable fact from option pricing theory is that because of the 

limited liability of the option (so that the downside is truncated) the option 

is more valuable the higher the variance of return on the und e rlying security. 

Increasing the variance, ceteris paribus, means an increase in upside poten-

tial, but the limited liability prevents downside risk from increasing propor-

tionately -- thus the increase in the value of the option. Translated into 

the R&D ~ield, this means that the greater the uncertainty about what the re-

search will discover, the greater the value of that research. The somewhat 

troubling implication which naturally follows is that so long as this holds 

true, society need have little worry about the prospects for continued techno-

logical progress. This runs contrary to the malaise perceived by many to be 

currently afflicting industrial research in the United States. 

Barring an unlikely lack of research opportunities (resting on the fool-

ish notion that there is little left to invent), the malaise could be traced 

within the confines of the model to low perceived value for the underlying 

securities. This would be the natural result of long delays imposed by 
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government regulatory bodies between the time research has produced a product 

and the time that product can be marketed. In the drug industry, for example, 

such delays are necessary for testing the safety of new drugs. Also of con­

cern would be a political climate hostile to the apparently large profits of 

successful development efforts, which is an especially important possibility 

in the fields of food, fuel, and medicine. Finally, the increased risk of 

product liability litigation in the current business environment certainly 

adds a dimension capable of greatly reducing the expected value of going ahead 

with production, therefore reducing the incentive for research. 

In order for a society to progress, it is necessary that risks be taken, 

and that risk-takers be rewarded. During the formative years of this nation, 

large numbers of very ordinary people were willing to take the ultimate risk 

necessary to settle the frontiers. Progress depends not only on the taking of 

financial risks, but also on the taking of technological and even physical 

risks. Those willing to bear these risks serve an essential role, and are 

compensated by the hope of a better life. Yet, as more people share in a 

high-quality life, it may be that fewer are willing to bear non-financial 

risk; and we more often call into question the fairness of the circumstances 

out of which such risk-taking arises. 

Not only business firms, but also governments and nations must be compe­

titive. It is to be expected that the less risk-averse groups will be the 

centers of innovative activity, and that they will tend to progress more rap-

idly. 

The Problem of Indirect Benefits 

The benefits from R&D are complex and subtle. Besides the direct bene­

fit, indirect benefits from an ongoing R&D effort could come from chance 
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discoveries or perhaps more importantly from the know-how in place to re s pond 

to breakthroughs in technology achieved elsewhere. Because the option model 

just presented does not capture the s e indirect benefits, it is possible that 

research projects which should be a ccepted would be erroneous ly rejected if 

the OPM were used as the sole criterion. 

Another interest ing problem with indirect benefits c oncerns the model's 

basic underlying a ssumption about the value of the information whi c h creates 

the c hanges in t he pri c e of the underlying s ecurity. W"h e n dealing with 

stocks, the use of a log-normal diffu s ion process grows out of the assumption 

of an efficient market, within which the security ' s price changes in respons e 

to new information (whi c h c omes at random). Once the n ew information ha s been 

captured in the price of the underly ing stock, the information has no more 

value. The initiation of indus trial research se t s in motion a s imilar inf or-

mation generating pro c ess and this information adj u sts the e s timated value of 

the underlying securit y , but it i s not necessarily true that the inf ormation 

then be c ome s worthles s . Any residual value o f the information is another in­

direct benefit not c apture d in s traight f orward appli ca tion o f the OPM to the 

R&D problem. If the value o f direct benefit s were e noug h to j u s ti fy the ini-

tiation of research, c ons ideration o f indirect benefit s would be a moot point 

for the decision-maker (although not f or the securities analys t). From the 

decision-maker's point of v iew, the OPH ca n only give a c lear "go" indi c ation 

for the R&D decis ion, but cannot be relied upon alone f or a "no-go" choice. 

Even though the problem of indi rect be ne f it s thus limit s it s u sefulness , the 

OPM still can gi ve a c lear indi cat ion in one di rec t i on, and s o is not without 

value in a pplicat ion t o the R&D proble m. Mo re over , d e s pite it s d rawba c k s , it 

captures more o f the value o f R&D than any of the di scounte d c a s h fl ow tech­

niques whic h represent the c urrent s tate-of -the-art. 
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Placing a value on these indirect benefits is a pregnant area for further 

scholarly research. 

Problems with the Jump Process Model: 

In the framework of the diffusion process, it is possible to deal with 

situations characterized by slow, steady change. There are no sudden leaps 

expected, although they can occur and are allowed for in the variance of the 

diffusion process (although most moves cluster around the mean, allowance is 

implicitly made for the occassional very large jump). There are R&D situa-

tions, however, in which sudden leaps are the essence rather than the excep-

tion. In fact, the exciting projects dealing with things on the frontiers of 

science and technology would not fit very neatly into the diffusion process 

scenario. In this exciting world of high-technology research, days -- even 

weeks -- can go by with no apparent progress; then suddenly a barrier comes 

down and a great leap is accomplished in but a moment of time. There is a 

continuous time stochastic process, the jump process, which captures this. 

Unfortunately, application of the available jump process option model to R&D 

is much less satisfying than application of diffusion process models. 

Cox and Ross [14] have worked out market equilibrium solutions to option 

values under a variety of stochastic processes, including jump processes. If 

x denotes the current state of the world, then a general form for a Markov 

jump process can be stated as: 

A (x)dt k (x) -1, 
dS = J.l (x)dt + < 1 -A (x)dt 

Notation: 

J.l (x) 
A (x) 

k(x)-1 

0 (7) 

drift term 
= probability of jump during time interval dt, or the process 

intensity 
= jump amplitude 
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Cox and Ross showed that the diffusion process of equation (1) is actual-

ly a special case of the more general process of equation (7). Unlike the R&D 

scenario which fit equation (1), the case now being dealt with is one which 

contains no drift. As noted above, a long time may go by with no apparent 

progress. Thus, the drift term would drop out. However; several other, more 

restrictive assumptions are necessary to derive a workable solution. By as-

suming that any discoveries would be good news, the jump direction would have 

to be up and the term [k(x) - 1] can be confined to positive values. This is 

necessary to prevent violation of the limited liability condition. Further, 

if it were assumed that all knowledge about the current state of the world 

were captured in the initial estimate of the project's value, S, then A.(x) and 

k(x) could be restated as A.(S) and k(S). Finally, if the process intensity 

A.(x) were specialized to be proportional to S, A.S, and the amplitude assumed 

to be independent of S, the process would be refined to one for which Cox & 

Ross have accomplished a market equilibrium solution. It is a pure birth pro-

cess without drift, 

A.Sdt k-1, 
dS 

o. ( 8) 

Unfortunately, a solution has not yet been found for the situation in which 

the jump amplitude can take more than one value, because it greatly compli-

cates formation of the hedge necessary to specify the market equilibrium con-

dition, and because it allows the possibility that the limited liability con-

straint might be violated. Even so, theLe is no practical difference between 

a single large jump and a rapid-fire series of small jumps, which could occur 

under the above specification. The valuation formula derived under the pure 

birth process is given by Cox & Ross as follows: 
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C = S • }. B (j; k~1 + 1, e-r(T-t)) 
j)[X/(k-1) +2] 

~ xe-r(T-t) • L B (j; 
s 

k-1 
0-r(T-t)) 

( 9) 
j){E/k-1 +1] 

Notation: 

C value of option 

S value of underlying security 

X exercise price 

k = jump amplitude 

T time of expiration 

t = current time 

r = risk-free rate 

B(j;p,q) ( j-1) qP (1-q)j-p the negative binomial distribution, with 
p-1 
values for j and p adjusted to the largest integer not ex­
ceeding the orginal value. 

To implement the use of this technique, the analyst would need point es-

timates for S,X,k, and r based on the best currently available knowledge. Un-

fortunately, a solution has not yet been worked out which allows the exercise 

price to be stochastic. 

As Cox and Ross pointed out, the market equilibrium solution is indepen-

dent of A, the process intensity. This is because within the hedge portfolio 

of stock and option postulated for the arbitrageur, jumps cancel each other 

out. It is not the frequency of jumps but the size of them which determines 

the option's value within such a hedge. This presents a problem when there is 

uncertainty about the jump amplitude. As pointed out in the discussion of 



FOOTNOTES 

l. Source: National Science Foundation report, "National Patterns of R&D Re­
sources, 1953-1977." The 1977 total was estimated at $40.8 billion,up 9% 
from the $37.3 billion in 1976. Of the total, $5.2 billion was for basic 
research, $9.0 billion for applied research, and $26.6 billion for develop­
ment. Of the total estimate, 53% was for federally-funded projects --the 
majority devoted to space and defense. 

2. Source: Business Week survey published in the June 27, 1977 issue, pp. 62-
64. 

3. See Branch 17), Clarkson [9), Grabowski & Mueller [24), Leonard [29), 
Scherer [43), Schwartzman [47), Severn& Laurence [48), and Worley [53). 

4. See Baker and Freeland [4), p. 1169, "In summary, despite the large number 
of benefit measurement models in the literature, relatively little is known 
about the performance of these models when applied within an R&D environ­
ment. This is a critical area for future research." 

5. The risk-free rate is recommended here because risk is being handled through 
the OPM. The money committed to research represents a voluntary obliga­
tion, and the amount of the outflow is assumed to be fixed ahead of time 
with certainty. 

6. Perhaps the best published review is that by Clifford Smith [51). 

7. See data in note 1. Of the 1977 total, 65% was for product development; 
only 12.7% was for basic research. 

8. The uncertainty about the exercise price arises from technological matters. 
There is little ~ priori reason to believe that there should be a systemat­
ic relationship between such things and the market as a whole. 

9. See Baker & Freeland [4), p. 1165, where available models were criti­
cized for "no explicit recognition and incorporation of the experience and 
knowledge of the R&D manager." 

10. See Smith [51] for proof. 

11. That is, all the company stands to lose is the research investment. 
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